
Eur. Phys. J. D 5, 327–334 (1999) THE EUROPEAN
PHYSICAL JOURNAL D
c©

EDP Sciences
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Abstract. The diagonalization approximation is used to investigate the resonance states of He and H−

respectively near the n = 4 and n = 5 hydrogen thresholds. Computations are carried out for states of
1,3P 0 symmetries; energies, total and partial widths of autoionization states of helium and autodetaching
states of the negative hydrogen ion are calculated. Comparison is made with experiment and theory.

PACS. 32.80.Fb Photoionization of atoms and ions – 32.80.Gc Photodetachment of atomic negative ions

1 Introduction

Studies of autoionization states of helium have received
a great deal of attention in recent experiments thanks
to the advent of modern synchrotron radiation sources
with their associated high-resolution monochromators
[1–3]. A set of calculations of the characteristics of dou-
ble excited resonances in helium have been carried out by
various methods using different approaches. Oberoi [4] has
calculated the energy position of (4ln′l′) doubly excited
states of helium with a conventional Feshbach approach
by using a hydrogen orbital for the inner electron. The
energy calculation of these states has been performed by
Herrick and Sinanoglu [5], and Robaux [6] with a mod-
ified Feshbach projection formalism such as a truncated
diagonalization method in a basis of hydrogen configu-
rations. In addition, Herrick and Sinanoglu [5] have also
calculated total widths of the eleven lowest 1P 0 and 3P 0

resonances. Davis and Chang [7] used the Feshbach sad-
dle point technique to calculate the energies of lowest 1P 0

resonances. Ho [8] has used the complex rotation method
with Hylleraas basis functions to calculate the resonance
positions and total widths of the three lowest 1P 0 and 3P 0

resonances. Wintgen and Delande [9] have also used the
complex rotation method to calculate the resonance posi-
tions. Other theoretical calculations of the energies of the
1P 0 states are given by Fukuda et al. [10] using the dia-
batic and adiabatic hyperspherical method. Nevertheless,
in most of these works only a few calculations have pro-
duced a complete set of resonance parameters (resonance
position, total and partial widths) for the doubly excited
1,3P 0 resonances in helium.

Among the two-electron systems, the negative hydro-
gen ion H− (Z = 1) is also of great interest due to
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the fact that the electron-electron interaction in H− is
as strong as the nucleus-electron one. These interactions
lead to strong correlation effects which explain the ex-
istence of shape resonances above threshold in addition
to the usual Feshbach resonances which lie below thresh-
old and which are common to any two-electron systems.
Such resonances were observed recently [11,12]. These ob-
servations are completed by new measurements of field-
induced window-type resonances in electron detachment
of H− in the static electric field [13,14]. Few theoretical
methods have been used to carry out a complete set of res-
onance parameters such as energies and widths of 1,3P 0

states of H− converging to the n = 5 hydrogen thresh-
old. The most intensive calculations in the literature are
obtained by using the complex coordinate rotation and
have provided the energies and widths of several symme-
tries up to n = 9 threshold [15–17]. There are also some
adiabatic calculations using hyperspherical coordinates
[18,19]; however, no widths were given in these calcula-
tions.

In this work, we have reported calculations of the ex-
citation energies and the total widths of the 1P 0 and
3P 0 symmetries for several resonances of doubly excited
1,3P 0 states of He and H− below the n = 4 and 5 hydro-
gen threshold respectively. In addition we have calculated
the partial widths related to the different open channels.
These calculations were done in the framework of the di-
agonalization approximation in the LS coupling scheme.
Particular interest of the diagonalization method is to take
into account the coupling between closed and open chan-
nels in terms of perturbation theory and to neglect the
indirect coupling of resonant states through the open
channels. This approximation has already been used with
success for the description of autoionizing resonances in
helium and some helium-like systems converging to n = 2,
3 and 4 ionization thresholds of the residual ions [20–26].
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2 Theory

2.1 Basic formulas and approximations

For two-electron systems, the partial amplitude Tj(E) in
terms of dipole matrix elements is defined by:

Tj(E) = 〈ψEj |D̂|ψ0〉,

where D̂ is the momentum operator, ψ0 is the atomic ini-
tial wave function and ψEj is the wave function of the
system ion (or hydrogen atom in the case of H−) + photo-
electron in the channel j. In the diagonalization approx-
imation, the final-state wave function is expanded in the
subspaces of closed and open channels as follows:

ψEj(r1, r2) = Â
∑
k

[ψk(r1)Ukj(E, r2)]

+
∑
µ

Λµ(E)φµ(r1, r2), (1)

where Â is the operator of antisymetrization, k represents
a set of quantum numbers characterizing the final system
in the subspace of open channels, and Uki(E, r2) is an
unknown function describing the motion of the photoelec-
tron.

ψk(r1) is the eigenfunction of the residual ion or atom
(hydrogen atom in the case of H−) satisfying the relations:

〈ψk|ψk′〉 = δkk′ (2a)

〈ψk|Ĥ|ψk′〉 = εkδkk′ + Vkk′ . (2b)

The functions φµ(r1, r2) are obtained by unitary transfor-

mation of the Hamiltonian Ĥ in the subspace of closed
channels:

φµ(r1, r2) = Â
∑
lm

αµ[ψl(r1)ψm(r2)], (3)

with the condition of diagonalization:

〈φµ|Ĥ|φν〉 = Eµδµν . (4)

The coefficients αµ of the unitary transformation (3) are
found by solving the system of linear algebraic equations:∑

ν

{
(Eµ −E0)δµν − 〈χµ|V̂ |χν〉

}
αν = 0, (5)

here V̂ = 1/|r1 − r2| (in a.u.) is the electron-electron in-
teraction potential, and E0 is the energy eigenvalue of

the zero-order Hamiltonian Ĥ0 corresponding to the eigen-
functions χν defined by:

χµ = Â[ψl(r1)ψm(r2)]. (6)

The determination of the function ψEi(r1, r2) is equivalent
to the calculation of the coefficients Λµ(E) and Uki(E, r2).

Detailed calculations of these coefficients and systems of
equations which they satisfy have been reported by Bal-
ashov et al. [20] and by Wagué [22,26]. From [22], the par-
tial amplitude that describes the formation of a He+ ion
(or a residual neutral hydrogen atom in the case of H−)
and a photoelectron in a definite state has been defined
by the following expression:

Tj = 〈ϕj(E)|D̂|ψ0〉+
q + i

ε− i
〈φµ|V̂ |ϕj(E)〉

×

∑
k〈φµ|V̂ |ϕk(E)〉〈ϕk(E)|D̂|ψ0〉∑

k |φµ|V̂ |ϕk(E)〉|2
· (7)

In (7), ϕj(E) is the wave function of the continuous spec-
trum in the channel j, without resonance interference;
ε = (E − Eµ)/(1/2)Γ totµ is the relative deviation from
resonance; Eµ is the energy of the resonant level µ; q is
the profile index of the resonance; the sum of integrals in
the denominator of (7) determines the total width Γ totµ of

the autodetaching level µ of H− (or autoionization states
of He). The total width and the profile index are defined
respectively by the equations:

Γ totµ = 2π
∑
j

|〈φµ|V̂ |ϕj(E)〉|2 (8a)

and

q =
〈φµ|D̂|ψ0〉

π
∑
k〈φµ|V̂ |ϕk(E)〉〈ϕk(E)|D̂|ψ0〉

· (8b)

2.2 Calculation of the decay probabilities
of the resonant states

The autodetachment probabilities of the high-lying states
of H− are obtained by using the approximation involving
hydrogen wave functions for the bound electrons with the
effective charge Z = 1. In this case, the outgoing electron
is considered to be free from the residual neutral hydro-
gen atom, and thus the radial part of the continuum wave
functions ϕj(E) is described by the normalized spherical
Bessel function, to represent a free electron carrying a def-
inite angular momentum l in the channel j. This function
has the following form:

Rkl(r) =√
2k

π

(2)l(k)ll!

(2l + 1)!
rleikr 1F1(l + 1, 2l+ 2; 2ikr) (9)

where 1F1(l+1, 2l+2; 2ikr) is a confluent hypergeometric
function. The spin-angle functions in all cases can be han-
dled by the well-known methods of the Wigner algebra. To
determine the autodetachment probability the evaluation
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Rx(n1l1 n2l2 → n3l3 kl4) = N1N2N3N4

×
n1−l1−1∑
s1=0

n2−l2−1∑
s2=0

n3−l3−1∑
s3=0

B(n1, l1, s1)B(n2, l2, s2)B(n3, l3, s3)(γ1 + γ3)l1+l3+s1+s2+x+2

×
(

(l1 + l3 + s1 + s2 + x+ 2)!

[
J l4l2+s2−x

(γ2)−
l1+l3+s1+s2+x+2∑

t=0

J l4l2+s2−x−t
(γ1 + γ2 + γ3)

]

+
(l1 + l3 + s1 + s2 − x+ 1)!

(γ1 + γ3)−2x−1

l1+l3+s1+s2−x+1∑
s=0

J l4l2+s2+x+1+s(γ1 + γ2 + γ3)
)

(10)

of the following basic type integrals is required [27]:

see equation (10) above

where

Ni =

√
(ni + li)(ni + li − 1)

2ni

(
2
Zi

ni

)1/2

i = 1, 2, 3;

(11a)

N4 =

√
2k

π

(2)l4(k)l4 l!

(2l4 + 1)!
(11b)

Bnilisi =
(−1)si(2γi)

li+si

(ni − li − 1− si)!(2li + 1 + si)!si!
;

γi =
Zi

ni
i = 1, 2, 3 (12)

J ln(β) =

∫ +∞

0

e−(β+ik)r2rn+l+1
2

× 1F1(l + 1, 2l+ 2, 2ikr2)dr2· (13)

In the expressions of J ln(β), 1F1(a, b, x) is a confluent hy-
pergeometric function.

For practical calculations it is convenient to use recur-
rence relations between these integrals, which can either
be obtained by integrating the Schrödinger equation or by
using the functional relationships between associated hy-
pergeometric functions 1F1(a, b;x) and 1F1(a+m, b+n;x)
and their derivatives [28].

For arbitrary values of n and l the functions J ln(β) are
connected with the functions J ll (β) and J0

−1(β) which can
be obtained from the following formulas:

J ll (β) =
(2l+ 1)!

(k2 + β2)l+1
(14a)

J0
−1(β) =

1

k
arctan

k

β
(14b)

J ll+1(β) = 2
(l + 1)β

k2 + β2
J0
−1(β) (14c)

J ln+2(β) =

2(n+ 2)βJ ln+1(β) + [(l + 1)− (n+ 1)(n+ 2)]J ln(β)

k2 + β2
(14d)

J ln−2(β) =
(k2 + β2)J ln+1(β) + 2nβJ ln−1(β)

l(l + 1)− n(n+ 1)
(14e)

J ll−2(β) =
(2`+ 1)

k2
[(2l − 1)J l−1

l−2 (β)− βJ l−1
l−1 (β)] · (14f)

For the calculation of the decay probabilities of the res-
onant states of helium following the works of Brandsen
et al. [29] and Zemtsov [27] we have used equations simi-
lar to equations (10–14) by replacing the Bessel Functions
with Coulomb wave functions.

3 Results and discussions

The diagonalization calculations of the excitation energies
of the autoionization states of helium are carried out in
the 24 × 24 basis which contained configurations: 4ln′l′

with n′ = 4, 5, 6, 7. The wave functions are described by
the antisymmetric product of the hydrogen wave functions
determined in the field of nuclear charge Z = 2.

For the excitation energies of the autodetaching states
of H−, we have used the basis of 49 configurations: nln′l′

with n = 5; n′ ≤ 10 and the hydrogen wave functions used
in this case are determined in the field of nuclear charge
Z = 1. We have converted some resonant parameters in
the tables by using the infinite Rydberg constant R∞ =
13.605 698 eV, and by considering the double-detachment
threshold of H− at 14.3525 eV. In order to compare our
results on the helium atom, with those of other theoretical
and experimental works, we have adopted the classifica-
tion scheme of Herrick and Sinanoglu [5]. In this classifica-
tion new correlation quantum numbers T , K and A were
introduced describing the angular (T,K) and radial (A)
correlations. In this scheme, the double-excitation states
are denoted by n(K,T )AN where N and n are respectively
inner and outer electrons’ quantum numbers. We have la-
beled our results on helium according to the abbreviated
form of the classification scheme of Zubek et al. [1] in
which the n(K,T )AN notation is replaced by N,Kn (in this
work T = 0 or 1).
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Table 1. Energies (−E in a.u.) of the 1P 0 autoionizing states of He converging to N = 4 threshold of the residual He+ ion.

������������7KHRUHWLFDO�UHVXOWV��������� ������������([SHULPHQWDO�UHVXOWV���������������

6WDWHV�7KLV ZRUN �D� �E� �F� �G� �H� �I� �J�

�� ���������������������������������� ������ �������������������� ������

�� ���������������������������������� �� �������������������� ������

�� ����������������������������������

�� ������ �������������������

�� ������ ������������������� �� ������ �������������������� ������

�� ������ �������������������

�� ������ ������������������� ��� �������������������� ������

��� ������ �������������������

�� ������ ������������������� �� �������������������������� ������

��� ������ ������������������� ��

�� ������ �������������������

�D� +HUULFN DQG 6LQDQRJOX >�@

�E� %ULDQ ) 'DYLV DQG .ZRQJ 7 &KXQJ >�@

�F� +R <�.� >�@

�G� 0DGGHQ DQG &RGOLQJ >��@

�H� :RRGUXII DQG 6DPVRQ >��@

�I� =XEHN HW DO� >�@�

�J� 'RPNH HW DO� >�@

Table 2. Energies (−E in a.u.) of the 3P 0 autoionizing states
of He converging to N = 4 threshold of the residual He+ ion.

������������������������7KHRUHWLFDO�UHVXOWV������������������������������

6WDWHV 7KLV ZRUN �D� �E� �F�

�� ������ ������ ������ ������

�� ������ ������ ������ ������

�� ������ ������ ������

�� ������ ������ ������

��� ������ ������ ������

�� ������ ������ ������

�� ������ ������ ������

�� ������ ������ ������

�� ������ ������ ������

��� ������ ������ ������

�� ������

�D� +HUULFN DQG 6LQDQRJOX >�@

�E� 5�6� 2EHURL >�@

�F� +R <�.� >�@

Excitation energies of He are reported in Table 1 for
1P 0 states and in Table 2 for 3P 0 states. A comparison
is made with the theoretical results obtained by Ho [8],
Herrick and Sinanoglu [5] and Davis and Chung [7], using
respectively the complex rotation, the Feshbach truncated
diagonalization formalism and the Feshbach saddle point
variational technique. Comparison is also made with ex-
perimental results of Madden and Codling [30], Woodruff
and Samson [31], Zubeket et al. [1] and Domke et al. [3].
The present calculations are generally in good agreement
with existing theoretical data both for 1P 0 and 3P 0 states,
especially with those obtained by Herrick and Sinanoglu
[5] using the Feshbach truncated diagonalization formal-
ism which is more complicated than the diagonalization
approximation used in our calculations and which in prac-
tice entails solving a system of linear algebraic equations.

Concerning the experimental measurements, the data
given by Domke et al. [3] and Madden and Codling [30]
for the 1P 0 resonances agree with the present results. In
these experimental investigations, only states of the two
most intense Rydberg series (4, 2n) and (4, 0n), accord-
ing to the abbreviated form of the n(K,T )AN classification

scheme [1] were resolved below the n = 4 threshold of He+

and (4ln′l′′) triplet resonances of He have not been inves-
tigated due to forbidden selection rules in photoionization
experiments.

Excitation energies of the negative hydrogen ion
are summarized in Table 3 for 1P 0 states, in which
comparisons are made with other calculations obtained
with the complex coordinate rotation [16] and with the
adiabatic calculations using hyperspherical coordinates
[18,19]; comparisons are also made with experimental
measurements [11,14]. Table 4 compares our resonance
positions of the 3P 0 states with theoretical predictions ob-
tained by using the complex coordinate rotation [15,17].
The present calculations are reasonably in good agreement
with existing theoretical and experimental data. However,
we have not found a 1P 0 resonance at the energy position
close to 0.043 629 Ry as obtained by Ho [16] and Koyama
et al. [18] for the 1P 0 states. Concerning the resonance
positions of the 3P 0 states there are not many published
works near the n = 5 hydrogen threshold and for these res-
onances our results are compared with the results given
in complex coordinate formalism [17] which concern only
the two first resonances. In our knowledge, there is no
experimental data for this symmetry.

The total widths of resonance states of He are reported
in Table 5 for 1P 0 states and Table 6 for 3P 0 states. A
comparison is made with the theoretical results obtained
by Herrick and Sinanoglu [5] and Ho [8] using respectively
the Feshbach formalism and the complex rotation method.
For 1P 0 states, comparison is also made with experimental
results obtained by Zubek et al. [1] and by Domke et al.
[3]. Our results agree well with those obtained by Herrick
and Sinanoglu [5] both for 1P 0 and 3P 0 states. For the
total widths of the 3P 0 (1) and 3P 0 (2) states, our results
are quite different from Ho’s results. Only the width of
the 1P 0 (2) is close to the one we have calculated. The
width of the 1P 0 (1) calculated by Ho [8] is about two
times the width we have given for the same resonance.
One can see that the largest autoionization widths corre-
spond to the resonances of the (4, 2n), (4, 0n) and (4, −2n)
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Table 3. Energies (−E in Ry) of the 1P 0 autodetaching states of the H− ion converging to N = 5 hydrogen threshold.

������������������������������������7KHRUHWLFDO�UHVXOWV������������������������������ ([SHULPHQWDO�UHVXOWV

6WDWHV� ��3UHVHQW ���� �D� �E� �F� �G� ��� �H�

��V��S �������� �������� ������� ������� ��������������������

��G��I �������� �������� �������

������ �������� �������� �������

��V���S �������� �������� ������� ������� ��������

��S��G �������� �������� �������

��V���S �������� �������� �������

��I���J �������� �������� ������� ��������

��V��S �������� ��������

��G���I �������� ��������

��G��I �������� ��������

��G���I ��������

�S���G ��������

�D� +R <� .� >��@

�E� .R\DPD HW DO� >��@

�F� 6DGHJKSRXU +� 5� >��@

�G� +DUULV HW DO� >��@

�H� +DOND HW DO� >��@

Table 4. Energies (−E in Ry) of the 3P 0 autodetaching states of the H− ion converging to N = 5 hydrogen threshold.

������������2WKHU�WKHRUHWLFDO�UHVXOWV���������

6WDWHV� ��3UHVHQW �� �����J�

��V���S �������� ������

��S���G �������� �������

��S���G ��������

��V���S ��������

��S���G ��������

��V���S ��������

��G���I ��������

��V���S ��������

��J���K ��������

��S���G ��������

��G���I ��������

�I���J �������� ��������

�J� +R <� .� >��@�

Table 5. Total widths (Γ totµ in eV) of the 1P 0 autoionizing states of He converging to N = 4 threshold of the residual He+ ion.
The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

6WDWHV��.Q� 3UHVHQW ZRUN �D� �E� �F� �G�

�� ����������� ��������� ��������� �����������������������

�� ����� ����� ����� ��������������

�� ���������� ��������������������������

�� ��������� ����������

�� ���������� ��������� ���� ������������������

�� ���������� ���������

�� ���������� �������� ������������������

��� ���������� ����������

�� ���������� ��������� ������������������

��� ����������

�� ����������

�D� +HUULFN DQG 6LQDQRJOX >�@

�E� +R <�.� >�@

�F� =XEHN HW DO� >�@

�G� 'RPNH HW DO� >�@
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Table 6. Total widths (Γ totµ in eV) of the 3P 0 autoionizing states of He converging to N = 4 threshold of the residual He+ ion.
The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

6WDWHV��.Q� 3UHVHQW ZRUN �D� �E�

�� ���������� ���������� ���������

�� ���������� ���������� �����

�� ���������� ����������

�� ���������� ����������

��� ���������� ����������

�� ���������� ����������

�� ���������� ����������

�� ���������� ����������

�� ���������� ����������

��� ���������� ����������

�� ����������

�D� +HUULFN DQG 6LQDQRJOX >�@

�E� +R <�.� >�@

Table 7. Total widths (in Ry) of the 1P 0 autodetaching states of the H− ion converging to N = 5 hydrogen threshold. The
number in parenthesis is the power of ten by which the adjacent number should be multiplied.

������������������������������������7KHRUHWLFDO�UHVXOWV������� ������������([SHULPHQWDO�UHVXOWV���

6WDWHV� 3UHVHQW ���� �D���������� �G�� �� ������H�

*����V���S� ��������� ��������� ���������������� �������

*����G���I� ������� ��������

���������� �������� ���������

*����V���S� ��������� ������� ����������������

*����S���G� ��������� ��������

*����V���S� ��������� ��������

*����I���J� ��������� ������� ���������������

*����V��S� ��������� �������

*����G���I� ��������� �������

*����G��I� ��������� �������

*����G���I� ���������

*����S��G� ��������

�D� +R <� .� >��@

�G� +DUULV HW DO� >��@

�H� +DOND HW DO� >��@

Table 8. Total widths (in Ry) of the 3P 0 autodetaching states
of the H− ion converging to N = 5 hydrogen threshold. The
number in parenthesis is the power of ten by which the adjacent
number should be multiplied.

��������������7KHRUHWLFDO�FDOFXODWLRQV�����������

6WDWHV ��3UHVHQW �J�

*����V���S� ��������� ��������

*����S���G� ��������� ��������
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series for the 1P 0 and (4, 3n), (4, 1n) and (4, −1n) for the
3P 0. Comparison with the experimental results, show that
the widths given by Domke et al. [3] for the less broad-
ened secondary series (4, 0n), agree with our results. In
contrast, the widths obtained for the broadened princi-
pal series (4, 2n) are about two times greater than our
corresponding results. As mentioned by Domke et al. [3],
the principal series (4, 2n) is strongly perturbed by the

broadening of resonances. This may explain the large dis-
agreement with our corresponding results. In addition, the
computation of the total widths that we have done in dif-
ferent basis, have shown that the values obtained for the
(4, 2n) states are very stable with respect to the dimen-
sion of the basis (from 10 to 38), even when including
inter-series interaction with high lying-states of the (5, 3n)
series.

The total widths of the negative hydrogen ion, are re-
ported in Table 7 for 1P 0 states and Table 8 for 3P 0 states.
Concerning the 1P 0 states, comparison is made with the
theoretical results obtained by using the complex coordi-
nate rotation [15–17]. For 1P 0 states, comparison is also
made with experimental results obtained by Halka et al.
(1993) and Harris et al. (1990). Concerning the 1P 0 states,
our widths calculations agree well with other results spe-
cially for the lowest resonances. For the width of the 1P 0

(1) our result is in excellent agreement with experimental
measurements.

The partial widths corresponding to decay of the 1,3P 0

(n = 4) resonances states of He and 1,3P 0 (n = 5) autode-
taching states of H− through the different open channels
are summarized in Tables 9–12. In all case, these partial
widths are given in the zero order of direct coupling be-
tween different continua and are, and represent the first
estimations of the magnitude of the decay of resonances
through the related open channels.
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Table 9. Partial widths (Γj in meV) of the 1P 0 autoionizing states of He converging to N = 4 threshold of the residual He+

ion. The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

VWDWHV *�VNS *�VNS *�SNV *�SNG *�VNS *�SNV *�SNG *�GNS *�GNI

�� ����� ����� ����� ����� ������ ����� ������ ����� �����

�� ����� ����� ����� ����� ����� ����� ������ ����� ������

�� �������� ����� �������� ����� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

�� �������� ����� �������� ����� �������� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ������ ����� ������

��� �������� ����� �������� �������� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

��� ����� ����� ����� ����� ����� ����� ����� ����� ������

�� �������� ����� ����� ����� ����� �������� ����� ����� �����

Table 10. Partial widths (Γj in meV) of the 3P 0 autoionizing states of He converging to N = 4 threshold of the residual He+

ion. The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

VWDWHV *�VNS *�VNS *�SNV *�SNG *�VNS *�SNV *�SNG *�GNS *�GNI

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ������ ����� ������

�� �������� �������� ����� ������� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

� �� ����
�� ����� ����� ����� ����� ����� ������ ����� ������

�� ��������� ����� ��������� ����� ����� ����� ����� ����� �����

�� ����� ����� ����� ����� ����� ����� ������ ����� �����

�� ����� ����� ����� ����� ����� ����� ����� ����� �����

�� �������� ����� ����� ����� ����� ����� ����� ����� �����

� �� �������� ����� ����� ����� ����� ����� ����� ����� ������

�� �������� ����� �������� ����� ����� ����� ����� ����� �����

Table 11. Partial widths Γj (in meV) of the 1P 0 states of the H− ion converging to N = 5 threshold of H, relating to the
following open channels j: 1skp, 2pks, 2skp, 2pkd, 3skp, 3pks, 3pkd, 3dkp, 3dkf , 4skp, 4pks, 4pkd, 4dkp, 4dkf , 4fkd, and 4fkg.
The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

VWDWHV *�VNS *�VNS *�SNV *�SNG *�VNS *�SNV *�SNG *�GNS *�GNI *�VNS *�SNV *�SNG *�GNS *�GNI *�ING *�INJ

�V�S ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�G�I � ����� � ���� � ���� � ����� � ���� ������ ������ ������ � ����� ������ ������ ������ ������ ������ ������ ������

�V�S ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�S�G � ����� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�V�S � ����� ����� ����� � ����� � ����� ������ ������ ������ � ����� ������ ������ ������ ������ ������ ������ ������

�I�J ����� ������� ������� ������ ������ ������ ������ ������ ������� ������ ������ ������ ������ ������ ������ ������

��V�S ����� ������ ������ ������ ������ ������ ������� ������ ������ ������ ������ ������ ������ ������ ������ ������

�G��I ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ �������

��G�I ����� ������ ������ ������ ������� ������ ������ ������ ����� ������ ������ ������ ������ ������ ������ ������

�G�I ����� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�S�G ������ ������� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�I�J ������� ������ ������ ������ ������ ������ ������ ������ � ���� ������ ������ ������ ������ ������ ������ ������

�G�I ����� ������ ������ ������ ������ ������ ������ ������ ����� ������ ������ ����� ������ ������ ������ ������
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Table 12. Partial widths Γj (in meV) of the 3P 0 states of the H− ion converging to N = 5 threshold of H, relating to the
following open channels j: 1skp, 2pks, 2skp, 2pkd, 3skp, 3pks, 3pkd, 3dkp, 3dkf , 4skp, 4pks, 4pkd, 4dkp, 4dkf , 4fkd, and 4fkg.
The number in parenthesis is the power of ten by which the adjacent number should be multiplied.

VWDWHV *�VNS *�VNS *�SNV *�SNG *�VNS *�SNV *�SNG *�GNS *�GNI *�VNS *�SNV *�SNG *�GNS *�GNI *�ING *�INJ

�V�S ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�S�G ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�S�G ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ �������

�V�S �� ���� ������� �� ���� �� ���� ������� ������ ������ ������ �� ���� ������ ������ ������ ������ ������ ������ �������

�S�G ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������� ������ ������ ������ � ���� ������

�V�S � ���� � ���� ������� � ���� ������� ������� ������ ������ ����� ������ ������ ������ ������ ������ ������ ������

�G�I ������� ������ ������ ����� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

��V�S ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ �������

�J��K ������ ������ ������� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�S�G ������� ������ ������� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�G��I ������ ������ ������ ������ ������ ������� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

�I��J ����� ����� ������� ������� ������ ������ ������� ����� ������ ������ ������ ������ ������ ������ ������ ������

�V�S ����� ������� ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������ ������

4 Conclusion

The resonance parameters of He such as excitation ener-
gies and total widths reported here are in good agreement
with other theoretical calculations except the results ob-
tained by Ho in the complex rotation method. Concerning
the (4, 2n) broadened series of He it should be important
to have new experimental data on the total width of these
resonances for better understanding of theoretical results.
Concerning the 1,3P 0 (N = 5) resonance parameters of
H−, the results reported here are in good agreement with
other theoretical calculations and experimental data. In
the calculation of the total widths, a simple treatment
of the continuum has provided widths in good agreement
with experimental measurements and theoretical calcula-
tions reported here, especially for the H− ion. Neverthe-
less for better understanding of intra-channel process in
the decay of doubly-excited in two-electron systems it will
be of interest to look at the higher order approximation
in the determination of the partial widths.
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